Treatise 3.1.1
Why are moral distinctions (between good and bad, vice and virtue) not derived from reasoning?

Hume’s first argument
(This argument is disappointing.)

Considerations of what is good or bad, right or wrong, virtuous or vicious, motivate us to act.
But 2.3.3 shows that reason does not determine the will.

So considerations of what is good or bad, etc. can’t be based on reason.

Why this argument is disappointing
2.3.3 begged the question of whether reason could ascertain moral distinctions and determine the will that way.

That question was supposed to be answered here.

Hume’s first argument isn’t answering it.

Hume’s second argument

(This argument is also disappointing)
The second argument merely restates the second argument from 2.3.3

(That because passions are “original existences” existing independently of judgments and reason determines the truth or falsity of judgments, reason cannot create or destroy passions and so cannot oppose them in the direction of the will)

Why this argument is disappointing
There are some improvements in the way the argument is put.

But it continues to beg the question:

Granting that reason cannot produce or destroy passions, …

…why couldn’t it direct the will on its own, by declaring certain actions or characters to be virtuous or vicious?

Hume’s third argument:
the reverse onus argument

(a much better one)

No one has yet managed to explain how reason could produce a moral distinction.

Let’s consider a couple of specific instances:

The Kantian line

Nothing is good but a good will.

A good will is a will that is motivated to obey the moral law.

The moral law is determined by reason (relations of ideas).

In determining the moral law, reason makes no reference to pleasure or pain.

Instead, it considers nothing more than the “pure” fact that the moral law must be a law.

As such, it must hold generally.

This leads reason to infer that there is just a single moral law that is dictated by the requirement that a moral act be law-governed.

The single moral law, dictated by the requirement that a moral act be law-governed, is:

Your action can only be in conformity with the moral law if you can consider it to fall under a law.

That is, your action can only be in conformity with the moral law if you can consider that, were you to change positions with anyone else in the world, it would still be appropriate for that other person to do the act.

i.e., you should only do something if you consider that anyone else would be entitled to do that same thing were your positions reversed.

How Hume would have replied

What could make me consider that an action is appropriate, whether for me or for another person?

If an action is considered to satisfy a passion …

(e.g., if doing it pains someone else and gives pleasure to me, so that were our positions reversed I would be pained)

… then I can understand why I would judge it to be inappropriate were our positions reversed,

… and so consider that I would be acting contrary to the form of a law were I to do it anyway.

But, unless we incorporate some reference to passions and determinants of what is desirable or undesirable, …

… I do not see how we can complete the Kantian project of identifying what is universally approved or disapproved.

The approval or disapproval requires passion.

Apart from passion we are left cold and no more inclined to accept one course of action than reject it, regardless of its consequences for itself or others.

(Remember: it is no more contrary to reason to prefer the scratching of my finger to the destruction of the world than the opposite.)
An Alternative Kantian line
An action can only be in conformity with the moral law if you can consistently conceive that action as falling under a law.

e.g., telling a lie or breaking a promise cannot be consistently conceived to fall under a law …

… because you want it to be a rule that testimony is true and promises are kept insofar as you want the other person to believe you.

How Hume would have replied

What could make me want it to be a rule that testimony reflect the facts or that promises be kept?
If I am considered to have certain desires or aversions that I realize are best satisfied through co-operation …

… then I can understand why I would want it to be the case that everyone tell the truth and keep their promises

But if I have no desires and aversions, I will consider reports and promises to be meaningless noise (like music) which people can make or not as they please without being considered to violate any laws.
The Aristotelian line
What is good for a thing is what is natural for it.

Hume’s response
It is not obvious what “natural” is.

Is “natural” opposed to supernatural?

Then vicious actions and characters are as natural as virtuous ones.

Is “natural” opposed to unusual?

Then vicious action is more natural than virtuous action.

Is “natural” opposed to artificial?

Then some virtues (e.g., justice) are unnatural while others (e.g., benevolence) are natural

[Is “natural” a thing’s end or purpose?

But what would make me recognize something as my end or purpose if I was indifferent to it and considered it without desire or aversion?]
A back-up to the reverse onus argument
Not only has no one yet explained how reason could establish moral distinctions …

… no one ever could.

This is because demonstrative reasoning, concerning relations of ideas, only involves the relations of resemblance, contrariety, degrees of quality, and relations of quantity and number.

No reasoning about these relations can plausibly give rise to a conclusion about good and bad, right or wrong, virtue or vice.

Nor is it plausible that moral reasoning might involve some 5th relation that we are unaware of

This is because whatever things we consider to be most vicious among humans 

(patricide, incest)

are not considered to be vicious among plants or animals.

But all the relations are the same in these cases.

Moreover, the relations would have to be ones that hold exclusively between human thoughts and external objects (not between human thoughts and other thoughts, or between objects and other objects)

and there just don’t seem to be any such relations.

As for causal reasoning concerning matters of fact, …

… the only matter of fact we discover that is common to all cases of virtue is our experience of a (pleasing) sentiment of approbation.
A concluding, famous summation:

Hume’s statement of the is/ought problem.

(We’ve seen a couple of specific cases of a slide from “is” to “ought” in our examination of the Kantian and Aristotelian lines)
Treatise 3.1.2
The basis of moral distinctions
Moral distinctions are based on a feeling we get when we contemplate certain actions or characters.

When we do this, we either get a pleasing feeling of approbation

or a displeasing feeling of disapproval

We call acts or characters vicious or virtuous according to whether they give us one of these feelings or the other.

and that is all we mean by calling them virtuous or vicious – that they give us these feelings

Two important remarks

Not all feelings of pleasure or pain are feelings of moral approbation or disapprobation.

These are distinct kinds of pleasure or displeasure.

The feelings are not aroused in us by a variety of specific instincts.

Instead, they are produced by certain general causes, which we must proceed to investigate.

(as it turns out, the principal such cause is sympathy with the feelings of others, guided by considerations of what is either agreeable or useful)
